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O, turypapel svBhoypajun Ropewd sedoievon unkous CD= ¢ wotd-
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Adkathe,

Aawnan 170
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= kx=1 " +{x=1 +12J1=(x=1) wm Liyw wev oyiooov (2),
(3) ypapern keos' U +cos’ U+1slsin2 <1, ¥ie R, And mv 1e-
hevtain oyEon cupRepaivops 6T B mpiaer keos’ 2t+cos’ H+151
St keos" 4o’ 220 = cos' 2 -(keos’ 21+ 1) 20 v eme-
A1 wypier kcos® 2+ 1> 0 ba apérsr cos 2t =0 = 1-2sin" 1 =0 aov
kg Liym mg (2) ovviyetay om l-x=0 = x=1.

Hooe: apuypotwes piles &yein eliooom) = 1964sinx—189;

H dedopivng sficomon wodowipns ypapeto (o + 189)/ 1964 =sinx.
Etvin goevepd dmav Obgope flx)=(x+1 W}fl?ﬁ-‘-i kit glx)=sinx,
n f svan povotown s | @2(x)| S 1. Piles g elohosmg sivin avtoi
K pdvoy autol orapbpot &, € K| yur toug orotows fix, )=g(x).
Uhting, aiiveTon Kinl OT0 ROpasi ter oy, (ot ieve sivin o apipss
kv anpeioy (X, ¥, ) ToPnS TV Fpapnua ey oy foko g .

Oh owvietaypeves tov onueioy A, B stvan o bbosg oy sSuonasny

X, 189 x +189 . fxLpa=07750 )
961 - T19es ) OVRORHES= - casa-nf (D

Eivin apopaves ot ok ta Cetvyn (x,, 3, ) Ga fpiokovio eviog ton

seopion (oploramio mapulnioypappo) Ton opICETI Mo TIS GRETEIS;
=l<y<] km =2133 < x <1775 (2)

y=pgi{x)=sinx

g kil
2153-4 - 17755
Emua 1 = Ommweonomon wov spofiinuatos
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6.1 Tpryswo petpio

[lapazyonay.

Aownan 43

kit avahdymes  BF = 4sinxsinz-sin($42) (4}

Ae o Tow Kavova Tey anTutovey ato A BDEF Spope:
LEELY]

FD' = BD' + BF* —2-BD-BF -cos y = 16sin® x-sin® z-¢7 (5}
(7 =sin’ ($+x)+sin’ (£+2)-28in( 5+ x)-sin(§+2)-cos y=
=cos’ (£-x)+cos’ (£-2)+ Is:us{;—.1'}-:05{%—:}-;‘1:15{3—:,-]2
=l-cos’(x—y)=sin’ y = & =sin’ y (6)
And (5).(6)= FD = 16sin” x-sin" y-sin’ = FD = 16sin x-sin y-sinz.
Me aviadoyo tpdmo fpiovops e EF, DE sm tehasns copaspaivo e
oti FID = EF = DE = 16sin x-sin y-8in 2,

B Bela Bollohas: The Art of Mathematics, Coffee Time o Memphis, p, 126, Cambridge.

Nt vaoloyisets TNV Peyiom) Kt Ty ElayioTn) T TS T o
aems P(F)=(sind+ -¢.|||.ltir|=I 9 4sin’ a Jcosd, dray perafalisto 1o
G x omov g v oTabepos RpaypaTRos apiuos

(P —sin P cos Iy =(zin’ J+sin’ a) coz’ # =

= P — Psin $cos & =sin” acos’ § =

= P tan” §-2Ptan I+ P —sin’ a=0.

Eraidi tan # e B apiae v apeel n Sucphvovoa va siv 210,
A=d4P? 4P (P —sin* )20 = P € l+sin'a =

= —fl+sin’ a s P <4l+sin’a,

Apxei v amodeilops dn1n peyiom wu ) chayiom) T oo P
rpdypan hapBaver yopa v ooykekpipives Tipds tow 8.

M v fpodpe 0§ emdoops oy sSiooar):

Jl+sin’a = i.{.-:in F++Jsin® S +sin’ a Jeos 9

Y YEVovTig OT0 TETPAYEONVD Kill ETADTOUDVTIS EYOlE:

cos Jhfsin’ S+sin’ a =y 1+sin* a —sin Joos § = (sin’ J+sin’ a)cos® §=
=1+sin’ a- 2{sm Jeos Il +sin’ a +sin’ Scos” I =

= ZsindcosI1+3in? a =1+sin’ asin? & =

= 4sin® Scos’ I{1+sin a)=(1+sin asin* §) =

= 4sin’ & (1=sin® #)(1+sin’ a) = (1 +sin’ asin’ §)* =

= Jzin’ 9—4szin' 9+ 4sin’ asin® I-4sin’ I=in’ a=
=]+4sin’ asin' 9+ 2sin’ asin® § =

= 1+sin' #lsin® a+4+4sin’ a)=2sin’ asin* 9-4sin* 9=0=
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— 14sin’ M 2+sin*a) —2sin® $(24sina)=0 =

2+sin a)sin® 9-1) =0 dpu sin® $=——

- II S11 u]s-m } e S1n Sy e =

= cos’ §= w Aviethomiviog TS TpES ooy apykn =56
2+sin" a

OO, APROKITEL 1) PEYIOTN) K 1) EhayiaTn T,
[ v peyiom aun £pope sin S, cosd > 0 wo yae oy el yiom,
iy s =0, cosd <0,

1+s:m i 3 cos 2a
smd = J————pcos =
2+5m 1+:=1n 2
ind = Acog = — L+sin” a Iﬂ
|||'-'+5|n d JI-Hm a 2

P(8)=sind++/sin’ $+sin*a I.'i:us-ﬂ'

R e e e i I sk iy

]

et .u..u..u......u...u..u......... S

Aoxnan 44 1) Av ae piyovo ABLD elva yvoord e peyein Bl =a, A=A xm
to gpfadoy tov £ =(ABD), va viioloyioete:
a) Tic mhevpes ff, ¥
b) Ty nuaspipstpo r=4{a+f+y)
¢) Ty dipotdpos &, .
i) Mo amodeyiel on o wabe piyove ABL wpier n opeom:
a+fry=Jta’ +E cotd+ LA + E-cotd +JLy" + E-cot £,

fii) Tpiyeoveo ABL &y nic eowtepikis dypropong 4,, 4, ioes,
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Aocknon 79. Nu vrohovioste 0g mheupis a,b.c tyovon ABC ovvapoijos tov
vy Ton i ALk

B C

Aoxnan B0, i) Lo exiaedo wipaypovor ABTA Sivewn enpesio E tEtow, dote
EA=1, EB=2 wm EI'=3. Na vroloyioete mv mheopd Tov tegpa-

FONOU Kl To PETpo e pavioe AEBR.
A

A r A

i) Av o oo I'H  wm i duipecoc BM oo tpueydwvor EBL ., &0y

Kowd o onuete A, vo axodeifes on 1o wipamievpo EHAM eivin
REPLYPAYIRO OF KOKAD ps Buapetpo d =1.

A

i

Aoxnon Bl Eatwoe H 1o opbovevipo gpuyiovon ABD mov stvin eyyeypapusve ae
Kikko pe kévipo K owo aktiva 8. Av Z sivin ) topun] tov sobeny
mow opifovy T et HE wa BE wo wyien KH-KX= R/ va
vrodoyiosts: i) Ty yovia A, sm §i) To spPadov ow yapiov
ABHUA | ovvapiost me axtivas K.
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6.2.2 AxodeiZog oy ooknonuy s Eoxksibooes Ieopctpios

fxedn i (&) omos Sdaue ot teomoiuon drjea svar kelfde; oo AM 200 dva
i depennog top apllyevion tapaiinipduion AYMOD oz A = OM =34
kat AD =M = Ja. Eive xoopavic du g (&) &ipyomar ano 1o onueie = . H xa-
rme] Teow v P, £ progdd va yive it axdd, apet 1X, P} = N2 n(c).

M
N ; M
M -
2]
. r
.I"l. !lll' L
. E ]
e iﬂF'Pflu:E_-E
PSR T i
e m"“a E—H E
s 3
=

Anddaln. ) Me Sedopsvn oy apam Aban tou (i) EpaTijates, smaliov pi-

pope Ty MO L EB ko éowe (K= FEZBM.
A

I.'|I 5
Eamén o aEZT siven opoyovio exestm dn ME=MI = ME:E,I'E' ¥
ME=M7=23/2 MBLEZ
And Y = (1)
BE=BZ=2 » BELBZ EK =KB=KZ=42
Tae K.M eivan pioa wav EZED wandgpe KM=17T=1 (2)

Amd nic oyeaei (1) ke (2) Exetmn 6T MHHBK+KMEJ§+{: (3)
Avepepope ZN L I'H mpoximos om o NABH etvan opboyénio -
paddnidypappo ko dapa [H =N+ NH = jr-i- 2=[H= 2+j5- (4)
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Agknen 112, Av ohec oo Rhaupiéc epaasipov ABCD epdmtovio Sedopevns
opaipag (Z), vo arodelete O T Gl SRS SV OpOETIRES L

Agknon 113, Ee dedopéve tplyove vi KOTUOKEVROHO0Y ECOTEPIGT TPELS KDKAOL
TETMOL O00TE O Kabevos of’ cuions, VO EPARTETIL TV S0 dAlov
KL G0 TAEDMEOY TOU TRUREHVO,

Aaxknen 114, £10 aontepikd Se001Ev00 TPUpHvVoU Vil KETUoKEvasBoiy Tpia T2Tpa-
POVEL TETOW OTE TO KoBEVE o (T VoL EYEL S0 KOPUOES EXl TV
Fhevpiy Tob Eaﬁ-ng.tavm Tpeyavow (Phinre umpu]l KOl o1 didec Svo

TOU KUBEVOS TETPOYMVOD, Vi EROTEAOTV KOPUPLS TUYHVOU OTO £00m-
TEUKD TOU BEDOPEVOD,

Aaxnen 115, Avetn tegpryave ABCD slevwpds p. Exi wov fhevpiv AR, BC,
CD, DA (efmpeoa tov copupay A BC D) Bzmpovpe to onuein E,
F. G. H ownotogms. Av AEmx, BFe y, CGmz, DHew xm
AFABG={K}), BGhCH={L}), CH~DE={M}, DEnAF={N}.

4 fwKLMN
Mo axodeilfete mv 1goduvapie: X5 = p o™ ]
L Y+ .I"-’ - ¥w |, Efw fnrpw‘,'
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s:|bx+ax, by+ay, bz, +vaz, b+a

. . s)ex,+bx, cy,+by, ez,+bz, e+b
o apiBunig ziven 2 3 Yy *a¥, 1 3 -
s|dx,+ex, dy,+ey, dz+ez, d+e

5

5| ax, +dx ﬁrr'y,;'-l--.:::"r_-.r1 a:{q+.d'31 a+

5 ~|ehx +acx, chy+acy, cbz+acz, ch+ac
@& ~lacx,+abx, acy,+aby, acz +abz, ac+ab
@, | adx,+eax, ady,+ecay, adz +caz, ad+ca
o5, =| cax, +edx, cay,+edy, caz+edz ea+ed

a‘e’
es,~as, <\ ehx —abx, cby —aby, cbz —abz, ch-ab
as, <\aex, +abx, acy,+aby, acz,+abz, ac+ab
@& ~ladx,+acx, adv,+acy, adz,+acz, ad+ac
cs,—af |edx —adx, cdy-ady, edz-adz, ecd-ad
a'c’

CX —ax, c¥y—ay, CZ,—as c—a

B acx,+abx, acy,+aby, acz,+abz, ac+ab

a'c'|adx,vacx, ady,+acy, adz, +acz, ad+ac
IE'.:I'I"E'I} E'I}':I-ﬂ'l}'] EEI-EE} [

Emopéves taonpeie K, LM, N svin opoesinedo

‘Eatn én 1o wypamhevpo ABCD spdmetin m)e opaipes (L) ot

onuein K, L, M, N (flene o) ko gotm om a = AK = AN,

b=BL=BK,e=CM=CL, d=DN=DM.

‘Eotn ot oto emmedo tov aABC o svbeieg KL kxm CA mgméEyouv
o anueio 2. Szopoops o anpeio K e mg svdeieg KL téuow
mote AK'||CB. Axrd oy opmoma oy tpryovey aBKL, s AKK'
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eneon om AK' = AK=a mwvmﬁqéxuua&n%%=%=ﬁﬂ
g-_0DA . ¢- .E.f. =L .re_
P e TATAT T T ar-ac (s (1)

‘Eotn om oto emnedo ov 2ADC o svleieg MN km CA mepagyouv
o anpeio ¥ Beopodpe o anpeio N' exl mg evleics MN toow,
mote AN || CD . Axd opv opowdonoe oy tpryavey o DMM, s ANN'
enston Om AN' = AN = g Ko GUVERDS EOME 0T ﬂ-”— . Mﬂc
a- e A g AL L L (1

S e T TAtAC o AT HETAS 1] 2)
ﬂmm;qmmg{l],(ﬁ] mpokumTel ot O = 0w Emopsves oL svbsi-
gc KL, MN mzmeyouy to onueio 02, dnaodn opilovy v eximedo.
[Tpopoves oo cmredo autd, avijkouy ko ta onuece K, L, M, N.
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Ratwoweun, Xapaln tov soshoy tov Malfamm oo tpio agba fopoto;

Bijpe-1:  Kawowsudlope w0 Epcevipo 1 tov tprpdnvon s ABC kot ooy oove-
geuw ta gywevepa Lo L1 wov gpryovey aBIC, aCLA xm 2 AIB a-
viorodyms. Enuewvops pe DLEF ne apofolic wov L. L. L sxl wov
mievpoy BC,CA, ABR ovnigtoiyms.

Brjue-2: Bpiowope e o oqusin DY ELF v Syotdpoy 5.8,. 8, pe
ufuata 1,1, L1, L1, amotoiyos so sabopilops o xomd onusio
R wav DD, EE", FF'. Eiéyyope dnapder DD~ EE '~ FF = {R}.
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6.2.2 AxodeiZog oy ooknoooy s Eoxkeibeies Ieopctpios

[Tapersnan,

x=-3-;,_LnF-l{r-p+IA-l'I3-IC}
ynﬁ-&r-{t-p-bm-lf-lﬂ] (17)

z =R£?5-{r— p+IC-1A-1B)

(H mapazave popeq xamd toog F.G-M. sy avaoigd axd wov Molfai o ]803).
Me waniidnhn Suudppoan v aroteleapdoy (17) ko pe v

PN TPIOVOUSTPIRGY CUVIPTIooEY o oo (2), dnhadiy:
Lmtotmd, Lmbotind, L=ietins,

ROTLA OIS OF STAlEov HU0 EvSIQEPONTES POPOES:
x=da+lA+p-1)'(h+B+p-r) (c+IC+p-71)
y={a+IA+p-r1) (b+IB+p-1) ' (c+IC+p-1) (18)
z=tia+lA+p-1) (b+IB+p-r1) (c+IC+p-1)"

x=4p-(1+and) (I+tan£) (I+1an%)
y=4p(l+tand) (1+tan£)'(1+1ans) (19)
z=Lip-(l+tan4) (1+tanf) (14+tans)”

Azd v {19) xposgiores dn iaie g gpdtann: “Dog tlmo o pagpatgg pewing

EVOC TonTven apaxtenal o dvoatog siniog Malfafi, cve otic tlaps o poalitgug

yaviay o shignetog ", km mmotpopes. Dol A <B<C o x> y>2.

Mpipazy, n ity a<b<c Zaw A<B<C smdpe 4 <L <L, Ezndy

0SABCESw vy [ proimo f(x) =1+t s pupoiog adoss oto

dagma (0, x) pru=1+tand, v=1+tan<, w=14+1lans s ldpw oy
AW L WFW

: b s L T S RN oy B
U':"'l'wi.}.:‘.:‘";},.}_;:"u; ..I}'J

L, L L
[ ¥ "

= x> y > . Mo avidoo pporo anedaxvieus K 1o aviomoedo.
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cos2x+cosdy

i A i S cos dx—cos 2y

Vol . Ui o soacdicts sunamioms je TRos y =SInf ko X = o8t axotsiohy sapa-
et eftoori oo kicdon 1 +‘1.'t = |, o o of COVGETRTERS WE TOXOOC
y=simnh{ v x=coshi oMo TPORETHIKE, BROEGTIS T MOMElon HEL-
flodgg x* =y =1.

T.1.12 Tpaguks mupaatioss prepPol ko auna prijmeoy

coshx=d{e'+¢") . cothx=coshx/sinhx cschxal?ﬁinhx]

smhx=d(e"—¢") ., laphx=sinhx/coshx , sechx=1/coshx

']' yugmihy
1

{Taparfpeor:

Oyl papestdaey tov efaTol
cuiaaTiaeeey [(edapdvar dn sondg rev coslh
ki sechr oivas dhey zoormey) evpxparotyTer
Sy OT] VI, AV ROpEIRReaNEs Ta
O mAs R T snanpTadinot aorga s,
¥ M copiva rov gve E =1,208% {rempagevy)) im
il Aef9 < F < 2o mpiyun mou axodacvicr ju
oloclfpesy ara Saripare [OLa], [a,b], [bc] ne
[e 420}, Nia totg abe impbe a=4ni2+48),
B+ ) ra oo lnikeofE) e ks {1+ i

Lyioeis vrepolikav Kan TprovoisTpikoy auvapTiposoy
sinfx\)=isinhx tan{x/)=itanhx csc(xi)=—icscx

cos(xi)=coshxy ocol{xi)==icothx see(x)=secx

AvriaTpope: vrepfolikey suvapTijeeoy (FpoTeiousss TIpED)
1. Arcsinhx=Sinh ' x=In{x+4x* +1), ¥xe R,
2. Arccoshx=Cosh' x=In(x+4x*=1), ¥xeH
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I'PAPIKEE HAPAETAXELE TPITONOMETPIRGN EYNAPTHEEON

7 O
w
= "
'} 1
1
s}
—i -
- -1 i P
%
¥
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7.1 Zuousio IpaypaTikoy CEpTioomy

Aawnan 101

Amddetn.

Addade,

auviptnon pe ao @)= 1-é+ilnt.

Eaadn ¢({)==1+Inl+l=lnt <0, na wibs te R EMETIL OT1 1)

|
@ etvin pvncims phivovsa oo R[{u]' apo gt) > (1) =10, Sijhadn
@(1)>0 na wibe teR . Eropiveg g (i) >0 ya wabs te B

(0.1} *

dndodn] N T BV PVITInS aDEonoE aTo En:u.ll' an’ Omov ERETHL OTL

F()<a(l)=0 ypua walle fe Rw,. Tehawirg {11 <0 i wibe

te R[-n]‘ dpir 1 o sivon pnoisg phivouoa oto EE‘M.

Toveaig f(t) > lim £(t) =2+ 2lim =t =0, u xis t € R,

et 7
No aaodeilete om 3 = <InT<l+—,
o

: : : g’ 7 )
[N va arodeifope om 3_?‘“"?‘ 1+ = apxei(=)
e

] ]
1-2-L < 24mT<1-24— =1-Z clnT-Ine <-14— =
7 € 7 €
doam g g . €-7 _1_In7-hé I
= L lcm7-met<-E1 o220 2
& 7 7-& &

H ocovapmon  pe mimao _.l'"[.r]=hu' givin movenis oTo [1&’]

KOl OPOYeryLon oTo (?.E‘]. omote pe ooy 1o Oedpnue o

Lagrange, B vmipye £vo tovlinotoy £ € [T.E’} TETOLD, (TR

m7-lne 1 . . N
_F{'§]=—I:1IE=T.LEEI§I'|7{§¢:E'=h—.}—_}—r=b
T=e g T o5 e
In7=Ine' 7
:rl:-%}% :3—£-:;]n?-:1+—z.
7 T—e € 7 €
Asv sivi dypveato onoybe y axbon ¢ >x+1, Yxe B .

- 2
e x=2-InT=e 7 }:—h17+1=%}3—m=mh3—§.

5 7
) e x=]n?-1::~e-l"? ":-1n?-1+|::-;::-ln‘f-|::-ln7‘:lz+l.
s

-
Agtd (1) o (1) Rpoxhaie 3 —% clnT<l4—.

{!.!
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7.1 Tuousio apoyaTikny CUVIPTIaLmY

Amxnen 149 a) Nu aeperovionom e n aopdortaon Hx)=2x"' =3x+1.

At

Atem),

Andémcn.

Anam,

b) Na mapayoveorombei n O x) =16x" + 242" +12x" -8lx+ 29,

¢) Na anodeifere om f(x)=8" +12¢" + 8" + 18 +6x+29> 0, vre K.
d) Na smivbei or0 R 1 eZiooon YEBx-1) =12 +1),

a) P(x)=2x" - 2x-x+1=2x(x -1} x+ )~ (x-1) =

=(x=1)-(2¢ + 2 =1)=(x=1)- 2(¢" + x=L) = (x=1): 2" + 2+ 44 -2)=
= Yx=1)((x+1) = (€Y )= Px)= 2r=1p (x+L-L)(xrLaaly |
b) O(x)=162" +(24-24)x" +(8+16)x" +(36-36)x" +
H124+12=240" + (58 + 8- 540" + (18—18)x" +(6-8T)x+29 =

= (162" + 82" = 242 )+ (24" +12x" = 3627 )+ (162" + 82" = 24" )+
HI6x" +18c" = 540" )+ (122" + 6= 18" )+ (581 —8Tx+29) =

=8 (20 =3+ 1)+ 12x" (20 =34+ D+ 8 (2 =3+ 1)+

+187 (2 = 3+ 1+ 620 = I+ 1)+ 2920 = 3x+1) =

= Nx)= (20" =3x+ 1) (8" + 122" + 82" + 187 + 60+ 29) A (a)=
= Q(x)=2(x =D (x+ )+ a8y @ +120 + 80" +18 +6x+29).
€) R(x)= 8" + B + (42" + 8 +42")+ 52" + (9% +6x+1)+28=

=8¢ 8¢ + (20 +20) +5 +(3x+1) +28>0 nawdbe xeR.
d) EZmmas g ¥ apener wm apiel 2(3x=1)20 wm apa x 24,
Beopotpe Ty f pe y=f(x)=42"+1) n onvia éxa (x)=27 >0,

givan | wm IVTUTTPEPETIL IO Eim M oy edpeon e [ Eyops
y=tEf +) =2 +l=3y =@ =L3y-=x=IGy-1) wm
emopiving f(x)= m L FEYOVOS Ton 0dNYEL OT0 CURITE LG
om, 1 Sedopdvn eionon wodvvape pemy [ (x)= f(x) (1)

y=rw=E3e-1)




7.2 Zoyiacn auvapToLmy 1461

Aawman 212

Anddetn.

Aaknan 213

AroBen.

= |il¥(1—i_-)=—{—n¢.}= +oe wat (00 = li ]1‘|'I f{-’-} _ifm}

= Iim%= lim I"'TI= lim [I+i_-]=+m, Ereon dm (0) =+,
=) 3 il

=)™
To o1 [ (5) =40 (1] =) dev sZacpakiln m oovigsa s [ om
Bian x, =0, dedopsvon OTL li_l.:ll Jx)=1= Ei_T_ Slx)y==1,

Egmpotps Ty owdapmaon f{ab)—= B omov givin ooveyis oto
(a,b) v mopayoyioyn o Sootjuete (@ x) wa (3.0, Av v
miapyel o lim f{x)=Le R, 101 n [ sivin Topayoyioyn kil oto

X, v wmme (x)=1L,

Aprei va agodeifope o aporepn wo N Selul aupdyeyos oo X

givit ion pe L. Katappic arodesaiops ot lim % L.
8 rl: . o

Eaewdi lim f{x)=L =V e&>0 vadpy d>0:Vxe(x, -4.x)

=Ty

v et | Fx) =L <e (1)
P'ux witle x e (x, —4.x,) . pe faon o Bedpyua Tov Lagrange, vadp-
[ (%)

FEL Eva Tovhinotoy £ e (X, ) TEtow, eote [(E) = %

Eaewin & e(x.x )= £ e (x, -4, x,), 7ov eivon orevotepo Suom o,

o vernds iavorowsl v (1), Eropévec e | (8- L]<e,

J(x)= f(x%)
X=Xy

Sn b, vRGPEL 1) BPITTEPY) ACPATOTOL OTO X, Kl 1G00TaL ue L

A GIOn CMOIEFETIL OT1 -Ll<g, Vxe(x—-46.x),

{ f{x )= L. étay x —» 5 ). Me pbaoc, avidoyo arodeixvbetol 611
fix)=L,dwav x =5 . H fjix)=ffx)=L= x)=L.

No voloyioets o L= lim {di+x-*‘1.,||l+-v'lll+.1" }

To [ wobowipms ppapeto 'r'=,IE.T.[[J1+% -j'!ﬁ-l- ild—ﬁ ]JJ-..]

@itops be fl+l ma—l_s 1+l I
wne b T s e o »




7.2 Zoyiacn auvapToLmy

Amwnan 214

.'"I.l‘:rﬂ-'l'].

Aaknan 215

AmHieln,

Amd mv (1) sivan apopaves 6Tt lim b=1 wm hm g =1 (2)

Adyo me (1) 1o L ypipera L= lim ((h-gWx )=
= lim (b +6'g+ g +5e® +he' +2')h—-gWx -
sssus B +b'g+b'g’ +b'g" +hg' + ¢’

= L=lm e ‘EG}"E
o b+ hlg +0ef + b g +he' + 2

(3

i) 3 a
Asdopsvon on hﬁ—g6=[1+L) -[;+ I-I-L] =

X

=l[3+i_—L—i- I+ 1}] N (3) petd L accetm oty

[3+ ———j— J”_] @ [#]J:u}.

L=l = li
rme +hlg+ g’ + g +be' + g’ e 6

2x+1—dx? +x+1
Na vmoloyioets o L = lim :
e e =427 +1

I+1-,|||4-|-1+L l—.rl"|:-a.'=l

N dpua ,

Vre R wpe f{x)=

|+ 2§

1—
24 1=+ 00 J T
pe te R, = L =lim d - lim B b dhd =E'

£—0" “.+u—if1?+;" . 3
E:,JE{IH iy

Av ioyen 1) oo sinax) +sin(bx)+sinfex) £ x° |y wile xe R,
pe a. boce B . va anodeilete ont a+b+c=0,

e xeR, = sinfax) , sin(bx)  siex) o o -,
x x X
= ]im( ﬂ:im{m'} +h:«:m[|‘.u‘]| +c.ti.m{-u:r]n }
=l [riy =
I'e xe B | axodewovieto 61 a4+-b4+ ¢ 2 0 wm whakig a+b4o=0,

Slimx=a+h+c=l,
T =si}"
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2 Topclaon ovapmioceey

Napanjpyer.

Mapddeigia 1.

apaderpa 2.

[Tapaderpua 3.

Hapaderpua 4.

Na va epapudrons dootd tov kavdva tov de L' Heospital, pexa gpompouiineg va
efecoifichacyie ae Kifle Repixteody, av iboy o Xpabzollion; ki axd ug oxoie &
POPUOCETEL O KWV aUTag.

[Todiic popis o xavivag oo de ' Hospital, dev axdoworsd mv mpog goiion napdmaem)
i odimyel ar pie Todmgiokdrgyg apordiontenie

. X . 1 . .
Te lim ?—= lim = 1, ove o keoveveg tow e L. Hospital odyype
§=muili -I -r: o p ol L
1

X
s f .f £
ar adiifedo; lim o = lim I+a” =...= lim ——= lim I+ =,

o —me 'I+'r1 X —nss X 1 s 1+f £ —wpms X

X

1+e

To ||m = lim =1, ovit 0 Kevevag Too de L Hospital adgye oo

ue _E x rli"'!_
. . e+ . &gt . @ =gt
ﬂﬂi‘-ﬂ{ﬂ:‘iﬂ lim i Ilﬂ1ﬁ=...= lim =
X =l go - Do gr +é Eowb gF +E

. X+sinx 14880
To lim — = lim
Feiit e 2] X = Id'\-l_

oo va epapuortd, dot 1o dato oo !M-u;rm{:-:mw RNTRE Y AT Kol Tapevo-

= 1. ow o Kevovag too de L” Hospital, dev pxo-

R TS , . '
pamry lim : dev omdayn oro B, oote anapileoar,
i | — N

l+cosx . Zoos'& . .
Eyour I|| = lim — :_: = lim cot® £, zov dov vy
E

e l=pagx o= 2500 K=

To li j_ fim AP P
o = 1nm = lm =
E =i I'+1 e e |+i ¥ |+f

vt o Kavdvag tou de L' Hospital odmpel soveydc or agposdiopatia:
HE;+ } i pr. - A L% Ao

lim Jox+4 |“1 lim
e o fx+2 "“{J—} ""“—j— "ﬁ

d A0

. {5"'4' 23|_'.t+2 wl'a-l+
= lim ———— = lim :I'__
£ --i{-m} j: 2 gr+4 T —wiE :+1



